0.0.1 Teopema 49 (Busun?)
VG A (G) < X'(G) < AG)+ 1.

IIpasuibnas pébepua A(G) + 1-packpacka orHbIHe OyIeT HA3BIBATHCA [IPOCTO “DacKpacka’’.

Jokasameavcmso.

Ot nporuesoro. Ilycte G — rpad ¢ MUHUMAJILHBIM YUCJIOM PEGEDP, HE YJIOBJIETBOPSIIOIINX BEPXHE OIIEHKE.
K5 — ynosnersopsier. 1 aro?

Ve € EG G — e-packpammmBaem. C apyroit croporbl, G — He PACKPAIINBAEM.

Vay € EG V packpacku rpada G — xy, ecau « Her B &, [ HeT B Y, 70 o # [ (uHade MOXKHO ObLIO Obl PACKAPUTD T U
y B omuu(?) nBer) n o\ [ Ielb U3 T 3aKAHIUBAETCS B Y. DTO Halle ¢Bo-Bo (¥).

e VG xyy € EG, Torna G — xyg UMeEET o-PaCKPACKY.

Ilycrs B HeT o, B yo HET fy = Bxectb fy = daxy € EG: @olayr) = Po.

B y; mer By, ecim /*B x ectb B1*/ pebpo xys 1 po(ry) = B u T.1. 10 Yg-

Crpoum cepuio pacKpacox.

VG; = G — zy; CTpoHM pacKpacKy u3 ¢; : ¢;(e) = po(zy;t1), e = zy;, j € {0,...,i — 1}.

KPATUAUNHKA

B go user B ectb Bz = B € {Bo, -, Br—1}. Ji B = Bii €{0,....k — 1}

O
0.0.2 Teopema 50
Copasemymeo X' (Kopy1) =2n+ 1, X' (Kay,) = 2n — 1.
Zloxaszamenvcmeo. YpasKHeHHE. O

0.0.3 Omnpenesienus

I'pad mazwBaercss 777, ecsim Bce pébpa pacKparieHbl B oauH 1BeT. [ Jiio0bIx 6 9eioBeK CyIIecTByeT 3, KOTOpbIe
[IOTIAPHO 3HAKOMBI MEXK/1y c000#i, In0 3, KOTOPHIE IIOMAPHO HE 3HAKOMBI.

Joxazamenvcmeso. Bozpmém Kg u packpacuM pébpa B 2 nsera: @(zy) = €1, €CJId 3HAKOMBI U C2, €CJIU HE 3HAKOMBI.
JlokazaTb, 9TO €CTh OIHOIBETHBIN TPe-K. O

0.0.4 Teopema 51 (Pamcesi njs rpados)

Vp,q p>2,q>2 3 muauManbHoe yncso N(p,q): Vn > N(p,q), V packpacu pe6ép rpada K, B JBa 1BeTa ¢; u
Co BBITIOJHEHO XOTsI OBI OJIHO M3 JIBYX YCJIOBHIA:

1. 3 MoHOXpOMATHYIECKUT MOPOKIEHHBIN moArpad IIBeTa €1 HA P BEpIINHAX.
2. 3 MOHOXpOMAaTUYECKUil TOPOXKIEHHBIN MoATrpad IBeTa Cy HA ¢ BEpIIUHAX.

N(p,q) — uncao Pamces jys rpados.

0.0.5 Jlemma 48

Vp,q > 2 BepHBL:

1. N(2,9) =¢

2. N(p,2)=p

3. N(3,3) =6.
Jlokasameavemeo.

1, 2 — ynpasrcrerue.
3. HoxkaxkeM (1) N(3,3) > 5 u (2) N(3,3) <6.

1. mpuBecTn pumep packpacu pebép Ks, riae HeT MOHOXPOMATUYIECKUX TPE-KOB.

2. paccMOTPHUM IIPOU3BOJIbHYIO PacKpacky pebép rpada Kg, © € V Kg.
Ecte 3 pebpa, MHIMIEHTHBIX T U PACKPAIIEHHBIX B OIUH IIBET.



Joxasamenvcmeo (Teopema Pamces,).

Wunykous no m = p+ q. Jokaxem uepasenctso N(p,q) < N(p—1,9)+ N(p,q—1), Vp> 2, ¢ > 2. Cama uniykius
JloKa3bIBaeT rpanndHocTsb uucaa N (p, q).

Baza unaykmun: N(p,2) =p, N(2,q) = q (1emma 48).

n=N(p—1,q9) + N(p,q—1). Hano nokasars, 910 mis K,, BBIIOIHEHO YCIOBHE TEOPEBIM.

Iycrs ¢ — npousBosibHAs packpaca pébpa rpada K, B aBa 1Bera ¢1 U Cs.

r € VK, Vi={y e VKy|p(zy) =1}, Va={y € VKp|p(zy) = c2}. [Vi| =n1, [Va| = no.
ni+ne+1=n=N{p-1,9) + N(p,q— 1) (Bosmoxkuo, uncia 4érapie?) =>  BBIIOJHEHO OJHO U3 YCJIOBHIi:

1. ni ZN(prq)
2. nyg > N(p,q—1)

Iycrs (1). Péopa rpada G(V;) packpamiensl packpackoit ¢. [To MHIYKIIMOHHOMY IIPEINOJIOKEHUIO BBIIOJIHEHO XOTsI
OBbI OHO U3 yCJIOBHIL:

1. 3 moHOXpOMATHUYIECKMI TOPOXKAEHHBIN Toarpad IBeTa ¢; Ha p — 1 BepImume.
2. 3 MoHOXpOMAaTHYeCKU MOPOXKIEHHBIN MoATrpad IBeTa Cy HA ¢ BepPIIAHAX.

Ecin Beimostasiercst Bropoe, TO Beé jioKazaHo. A ecsin epBoe???

Eciu nepsoe, TO 106aBUM BEPIIMHY I U IIOJIYYUM MOHOXPOMATHYECKUI MOPOKIACHHBIA moarpad mBera ¢ Ha p BEPIIH-
HaX. I/IHI)IMI/I CJIOBaMHM, JIOK-BO 9Y€M-TO IIOXOzKe Ha JJOK-BO IIpe,ZLbI,ZLyHIefI JIEMMBI.

Cuaygaii (2) paccMaTpuBaeTCs aHAJOTUIHO. O

0.0.6 Teopema 52
Eciu pos p,g(p > 2,9 >2) N(p—1,9) u N(p,q— 1) — gérunie, o N(p,q) < N(p —1,q9) + N(p,q).



